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Numbers  

)�.� ( ����	
�� �����[Natural Numbers] 

 �������� 	�
��� 	�
��� ����	 �
��)Natural numbers ( ��� ����� ���

��� 	�
��:  

1,2,3, 4,5,6,7,…  

 ����� !"� # ����$� . 	�
��� ��� &' ()� �� ����* 	
� 
+�, # -�
��������. �� !"' /0 ����$� 12 3�45 6#7� ��� 89' :�.  

 1�	  �;� ��<4�� 	
��� 8�4, =�� �������� 	�
��� ��� �� ������� 	
��� >���?
@� . 	
��� >���? .39A� 8��� B;�12 ��  

1 , 2 , 3 , 4 , 6 , 12  

>���4�� &' 
,
��� ������� 	
�;� 1�C, 1�D�� &' /9) : . 	
��� ��!) 
"�
	
��� ";;D "52 3�45 >���? EFG 8HI) . 	
�;� 8�;J �� �;, K 8) .LM9�N

12:  
12 1 12 2 6 3 4 2 2 3= × = × = × = × ×.  

 O!C5 L5�D�22  &� LG��2 2×  ��!) �4,F* ��!C�� : �4,F��� ��� B�<��
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FPQ 	
�� R�4) 	
� .��!) 
"�N  

38 2 2 2 2= × × =  
 	
��� 12 3�452 )S��� ( R�4;� T�NF'3 . 1) �U2 .�'� R��V��n  	
�

 1WN L����*na  	
��� EFG X�,a  Y<Z5 :n 6�FA� &'.1� -�  
n

n

a a a a a= × × × ×…�����������������
RF[[['

  

 ������� 	
���p �� 1\? Y� -� ]�^�� _ ]4N1  �p L���� L�	
� B�<,  
)Prime number .( LZ�`' L�	
� B�<, a\? &' F9)� Y� -��� ������� 	
����
)Composite number .(�� ������ 	�
��� b��  

2,3,5,7,11,13,17,19,…  

 	
��� �� �FcH�� �� !"' /0 ������ 	�
��� ����� 1� d�;�A� &'2 ) 1� eD#
 	
���1 L���� f��.(  

  

)�.� ( ������ ����	��� ���[Some Divisibility Tests] 

 	
��� 12 3�45a  	
��� ><4,b ) 	
��� ��b  	
��� B;� ��<4�� 8�4,a ( �U2

 ��<? "��!��b  B;�a @� 1�	 . 	
��� .LM9�N2  	
��� ><4,6  1�6
3

2
=

 . 	
��� '��2  	
��� ><4,MN7  1�7

2
 L����* L�	
� f�� . &' 1�C, L5�D�

	
� ><4, 	
� 1) �U2 ' �NF�' O�"A�L� FPQ:  
)g( ��� 8�4, 	
N  	
��� B;� ��<4��2  	
�;� 	Dh� ���F' i5) �U2N 

 L�+�j L�	
�) 1� eD#0 	
� (!�,L� �+�jL(. 
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)k(  	
��� 8�4,N  	
��� B;� ��<4��4  	DQ =��F' &' 1�CA� 	
��� 8�? �U2
 	
��� 6�Fl��N  	
��� B;� ��<4��4. 

)m(  	
��� 8�4,N 	
��� B;� ��<4��3 ��� &' 1�CA� 	
��� 8�? �U2 T
 	
��� O��F'N  	
��� B;� ��<4��3. 

)n(  	
��� 8�4,N  	
��� B;� ��<4��5  	DQ ���F' i5) �U2N  ��0  ��
5. 

)o(  	
��� 8�4,N  	
��� B;� ��<4��6  1) �U2N  ��<4�� 8�4,� L�+�j
 	
��� B;�3. 

 	
��� .LM9�N1002 � ��<4�� 8�4, B;2  	
��� B;� ��<4�� 8�4,� �+�j Y5�3 
 Y���F' T��� 1�1 0 0 2 3+ + + =  	
��� B;� ��<4�� 8�4,3  8�4,�

 B;� ��<4��6  B;� ��<4�� 8�4,� �+�j Y5�3 . B;� ��<4�� 8�4, # Y"C��
 	
���4  1�02  	
��� B;� ��<4�� 8�4, #4 . B;� ��<4�� 8�4, # Y5� �)
 	
���5  -�<� # �	DQ ���F' 1�0  #�5.  

2 -� ��!) ��5C'� �� �������� 	�
��� &�  !NF�' Op =�� �� A� qr47� s
D
 ������ 	�
��� &' Y!"' 	
� EFG 8HI) t�`' 	
�) R
�D� �4,F��� ����

������ 8'����� O��F� u"9!�� .(LM9�N  
4 2144 2 2 2 2 3 3 2 3= × × × × × = ×.  

2 ����� 8'��� v2 	
��� 8�;I!� @F��� s
D)����� 	�
�� EFG 8HI) Y!�!) (
w�� 	
� B;� 8Vx 1� v2 ���!!' ����� 	�
�� B;� 	
��� ��<? O,Fy �� .

 	
��� 8�;I!� .LM9�N144 ���!�� ���!!A� ��<4�� 6�;��� d�45:  
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144  2  
72  2  
36  2  
18  2  
9  3  
3  3  
1    

  
 1�C, ��z�  4 2144 2 2 2 2 3 3 2 3= × × × × × = ×.  

  

)�.� (�����  ��!"� #��$"�% &'��  ��!"� ()����  
[Greatest Common Divisor and Least Common Multiple] 

 {'F�� Y� {'F, F9)� �� a���* &,	
�� ()�� |F!lA� >�4��GCD  ()� ��
	�
��� ��� a� |F!l' >�? . 	p# @F��� &' 
,
��� |"�GCD   "' d
45

a!4,F*:  
v��� �4,F��� : 	�
��� &' 8) >���? ��!C� d�45} &� ~I�5  �)F!lA� >���4��
�()� �P�5� . 	p� .LM9�N(24, 40)GCD:  

 >���?24 :1,2, 3, 4,6,8,12,24  

 >���?40 :1,2,4,5, 8,10,20,40  

 �)F!lA� >���4�� :1,2, 4, 8  
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 �� �)F!lA� >���4�� ()�8 1WN ��z�(24, 40) 8GCD =  
��59�� �4,F��� : �P�5 } ������ Y;'��� s�? v2 	�
��� &' 8) 8�;I!� d�45

 8HD �� ()�� |F!lA� >�4�� 1�C�N R�? FcH�� �)F!lA� ������ 	�
���
	�
��� ��� EFG .LM9�N &,	
�;� ()�� |F!lA� >�4�� 	p� .24  �40  d�45


�"� � "' 8) 8�;I!�  
3

3

24 2 3

40 2 5

= ×

= ×
  

 �� � "�� |F!lA� 
�D��� w��� 	
���2  R�4� F ��3 a;�;I!�� M) : ..1U2  
3(24, 40) 2 8GCD = =  

  

 *�+,)�(  
+GCD  	�
���120,72,24.  

-.�  

1� 
� ��M9�� 	�
��� &' 8) 8�;I!�:  
3

3 2

3

24 2 3

72 2 3

120 2 3 5

= ×

= ×

= × ×

  

.1U23(24,72,120) 2 3 24GCD = × =.  ����  
 {'F�� Y� {'F, F9)� �� &,	
�� FcH�� |F!lA� t�^A� '�LCM  � N

	�
��� ��� |F!l' t�^' FcH� . 	p� L^,� a!4,F* d
4"�LCM:  
v��� �4,F��� :�� 
� 1� v2 	�
��� &' 8) 6Z�^' ��!C� d�453  t�^'
1�C�N |F!l'  	p� LM9�N .FcH�� |F!lA� t�^A� ��(8,10)LCM:  

 	
��� 6Z�^'8 :8,16,24,32,40,48,…  
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��� 6Z�^'10 :10,20,30,40,50,…  

 �� � "�� |F!l' t�^' 3�� 1WN ����40 1�C,�(8,10) 40LCM =.  
��59�� �4,F��� : �P�5 } ������ Y;'��� s�? v2 	�
��� &' 8) 8�;I!� d�45

 |F!lA� t�^A� 1�C�N R�? B;��� _
D� �� a;�;I!�� F �� =�� ������ 	�
���
	�
��� ��� EFG 8HD �� FcH�� .p� .LM9�N FcH�� |F!lA� t�^A� 	

 &,	
�;�10  �8 
�"� � "' 8) 8�;I!� d�45  
38 2

10 2 5

=

= ×
  

 1�C, ��z�3(8,10) 2 5 40LCM = × =.  

 *�+,)�(  
+(12,18,27)LCM.  

-.�  


�"N 	�
��� 8�;I!� d�45  
2

2

3

12 2 3

18 2 3

27 3

= ×

= ×

=

  

.1U22 3(12,18,27) 2 3 108LCM = × =.  ����  
  

)�./ ( �0�01�� �����)Integers( 

 �������� 	�
���� FZV��� ���<�� �������� 	�
��� &' �I�IV�� 	�
��� 1�C!�
���  

, 5, 4, 3, 2, 1,0,1,2,3,4,5,− − − − −… …  

 B;� 	�
��� ]P B;�  ;�9� &C��w!�� �I"��:  

  5− 4− 3− 2− 1− 0 1 2 3 4 5
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w!�� qN� aI�IH &,	
� �� ��;�� >!��:  

)g(  �G�� � ��� d�45 R���� : a4Z!' aI�IH &,	
� �� 
"�
R���� .LM9' 

4 5 9

4 5 9

+ =

− +− = −
  

)k( aZ;!� aI�IH &,	
� �� 
"� /�C�� &' /cV�� �F�5 R���� : 
 �^5�2/�C�� 	
��� R�� .LM9�N 

4 5 1

4 5 1

+− = −

− + =
  

)m( ���!�� 
���4�� ��!� �I�IV�� 	�
��� EFG 8HD R��2:  
( ) ( )

( ) ( )

( ) ( )

( ) ( )

+ × + = +

− × − = +

+ × − = −

− × + = −

  

)n( 2 
���?EF^�� 8HD 
���4� �;�K &,	
� ��<? ��P R��.  

 *�+,)�( �;, K 8) ��5 
+:  
)� (16 25− −−    )E (16 25− +−    )� (6 5− ×−  
)	 (6 5×−    )[� (2 3( 3) ( 2)− × −    )� (

24 8− ÷  
-.�  

)�(  16 25 16 25 9− −− = − + = .  

)E(  16 25 41− + − = − .  

)�(  6 5 30− ×− = . 
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)	(  6 5 30×− = − .  
)[�(  2 3( 3) ( 2) 3 3 2 2 2

9 8 72

− × − = − ×− ×− ×− ×−

= − × = −

  

)�(  24 8 3− ÷ = − .  ����  
  

)�.2 ( ���3���� �45�%6[Order of Operations] 

 @Z�#� &' 
� # ���� R
D�� ���<D ��;�� &' F9)� B;� ��V�� -�!J ' R	�
sFP�� 6�;���� 8�? ���Z"� >!, 6�;���� ��� &' -� B;� . &�^5 �C��

 ��!5 "��<D E��Hw!�� O��F!��:  
)g( S��?�� 8P�	 ' E<� d�45 . 8P�	 ' O<x S�? &' F9)� 
+� �U2�

L#�� ��;P�
�� S��?��. 
)k( s�? B;� -�!J =�� 	�
7� E<� d�45. 
)m( ��<4��� EF^�� =�;�� &' -� E<� a���� v2 �<��� &' �
�5. 
)n( �F���� ���� =�;�� &' -� E<� a���� v2 �<��� &' �
�5. 
)o(  -F� } L#�� d4A�� ]<��� 6�;�� E<D O��N F<) �'M� 	�+� 
"�

��U 
�� ��<4�� ��;��. 

 *�+,)/( �;, K 8) ��5 
+:  
)� (24 8 (4 2)× ÷ −    )E (18 (6 3) 4− × −  

)� ((12 3) (12 3) 2 × ÷ ÷ ×     )	 ((3 8) 5

3 (8 5)

+ −

+ −
  

-.�  

)�(  24 8 (4 2) 24 8 2 192 2 96× ÷ − = × ÷ = ÷ =  
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)E(  18 (6 3) 4 18 18 4 0 4 4− × − = − − = − = −  
)�(  (12 3) (12 3) 2 36 4 2 9 2 18   × ÷ ÷ × = ÷ × = × =     

)	(  (3 8) 5 11 5 6
1

3 (8 5) 3 3 6

+ − −
= = =

+ − +
.  ����  

  

)�.7 (�4��8�� �����% �5�8��  
[Fractions and Rational Numbers] 

aI�IH &,	
� a� ��<")  !�!) &C� =�� 	�
��� �� �,F<C�� 	�
��� . -�

R��V�� B;�  !�!) &C� =�� 	�
��� :a

b
  ~�Da  �b  � 1I�IH 1�	
�

0b =/ .-F<) 	
� �� ���!�� 	�
��� &' 8) .39A� 8��� B;�:  

3  .4−  .0  .30%  .15

7
  .3.6  

 R��V�� B;�  !�!) &C� Y5�a

b
 w!�):  

3
3
1

=  .44
1

− = −  .00
1

=  .30
30%

100
=  .15 15

7 7
=  .36

3.6
10

= .  

 -F<) 	
� � N F<C�� '�a

b
  ~�D0b ≠ . 	
��� B�<,a  F<C�� ]<�

 	
����b F<C�� d4' . F<C�� E�;4'a

b
  F<C�� ��b

a
.� &' T��5� R
� 
+�

�� ��<C��:  

 �;�Z�� F<C��a

b
  ]<��� ~�Da  d4A� &' FcH�b .89' .3

4
 .1
2

 .25

37
.  

 �;�Z�� /0 F<C��a

b
  ]<��� ~�Da  d4A� &' ()�b .89' .5

3
 .16

11
 .5
3

−.  
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F<C�� 	
���-  ��;�A�a
c
b

  ~�Dc  � ��IH 	
�a

b
  1� X�, ���� .F<)

a a
c c
b b
= + . .89'3 3

4 4
5 5
= + .  

�C,a�NC!' 1�F<C�� 1 �U2  &' Y!"' 	
�� FPh� &' _
D� B;� 3�V7� "��!��
 EFG 6�;��)��<? �� (Y<Z5 	
��� d4A�� ]<��� &' 8) ..LM9'  

1 2 6 30

2 4 12 60
= = =  

 �� >!,)�F* �� (F<) 	pW� &,F<) '4' 1�C, ~�� � "' 8C� �NC' 
 ��� d�45 } &'� a,�<!' a�NCA� &,F<C��)�F* �� (�a�<��.  

 *�+,)2( �;, K LM) ��5 
+:  

)� (5 2

9 9
+    )E (3 5

2
4 6
+    )� (1 4

3 2
3 7
−    )	 (17 2

5
−  

-.�  

)�(  5 2 5 2 7

9 9 9 9

+
+ = =.  

)E(  3 5 11 5 3 11 2 5
2
4 6 4 6 3 4 2 6

33 10 33 10 43 7
3

12 12 12 12 12

× ×
+ = + = +

× ×
+

= + = = =

  

 1� eD#(4,6) 12LCM = . d4A� "�FG a'4A� 
�D�!� ����4  	
���3 

 d4A��6  	
���2 . ��;�A� F<C�� 8,�I!� "�? �)3
2
4

  �;�N /0 F<) v2

 8�?2���� ��;�� u�F+.  
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)�(  1 4 10 18 7 10 3 18
3 2
3 7 3 7 7 3 3 7

70 54 70 54 16

21 21 21 21

× ×
− = − = −

× ×
−

= − = =

  

)	(  1 7 11 5 7 11
7 2

5 1 5 5 1 5
35 11 35 11 24 4

4
5 5 5 5 5

×
− = − = −

×
−

= − = = =

  

  ����  

 &,F<C�� EFG >!,a

b
  �c

d
 w!�� �I"�� B;� � !�<?�:  

a c ac

b d bd
× =  

 L�' a�<��� EF^� -�L�' a'4A��.  
a c a d ad

b d b c bc
÷ = × =  

EFG ��;�� v2 ��<4�� ��;�� 8,�J� Y�;� d�<4A� E�;4' 	pW� -�.  

 *�+,)7( �;, K LM) O<D�:  

)� (1 3
2
4 8
×    )E (

2
1
3
2

    
    )� (1 1

4 2
3 3
÷    )	 (

2
3 7

5
3

7

× ×
  

-.�  

)�(  1 3 9 3 9 3 27
2
4 8 4 8 4 8 32

×
× = × = =

×
  

)E(  
2
1 1 1 7 7 7 7 49 1
3 3 3 12
2 2 2 2 2 2 2 4 4

  × = × = × = = =  × 
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)�(  1 1 13 7 13 3
4 2
3 3 3 3 3 7

13 3 13 6
1

3 7 7 7

÷ = ÷ = ×

×
= = =

×

  

 	
��� �V!P� "�? "5� eD#3  F<C�� ]<� &'13 3

3 7

×

×
  	
��� �'3  &' d4'

 F<C�� ����L�r�	 {r+.  

)	(  
2

3 7
2 3 3 7 2 75 3 7

3 5 7 1 1 5 3

7
3 7 2 7 7 2 7 98 3

19
1 1 5 3 5 5 5

× ×
= × × ÷ = × × ×

× × × × ×
= = = =

× × ×

  

  ����  
  

 b��� ��U �G�5� ��'MC�� 8r<A� &' 
,
��� : ��<C�� �' 8'�!�� F �,
�;9'��.  

 *�+,)9(  -�<, �
5�� R��� F��1

4
 F�� R���BMW . R��� F�� 1) �U2

 [��BMW  ��360000 �
5��� R��� F�� �� �N 3,� �  

-.�  

�� �
5��� R��� F��1 360000
360000 90000

4 4
× = =3,�.  ����  

 *�+,):( �� �;r�� -F l�� 8P
��15000 3,� . �;r��� �N
�1

3
  RF+� 8P
��

 d���� B;� �FV�� &C�1

4
  ��
4� f�M' -F!l�� 8P
��1

8
  �FV�� 8P
��

o b e i k a n d l . c o m



@ @†a‡Èÿa@ @QS@ @

  

1

12
 �?��� FP
�� Y�NF!�� B;� 8P
�� &' .-F l�� �;r��� �P	� ���? �� ' �  

-.�  

�� -F l�� �;r��� t,�V' T���  
1 1 1 1 8 6 3 2

15000 15000
3 4 8 12 24

19 19 15000
15000 11875

24 24

  + + + + + + × = ×  
×

= × = =

  

 1� eD#  LCM(3,4,8,12) 24=.  
�� -F l�� �;r��� �P	� .1U215000 11875 3125− =L#,�.  ����  

  

)�.9 ( �4�!��� �����[Decimal Numbers] 

�,Fl� 8H��N B;� -�!� -��� 	
��� �� -Fl��� 	
��� . 	
��� d�
�!�� &C�
 	
��� ��!) &C� .LM9�N .�I�IV�� 	�
��� u�{+� &� /��!;� -Fl���7.35  B;�

-F<C�� Fl"�� R��H3 5
7
10 100

+ +.  

N /0 F<) 8C� B;� L^,� 	
��� ��� ��!) &C���;�735

100
.  

��;� 	
� 8C� B;� ��35
7
100

.  

 *�+,);( 8) ��5 
+ �;, K:  
)� (13.21 16.82+  )E (5.7 3.2−    )� (13.7 0.8×  
)	 (2500 (0.4)×          

-.�  
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)� (��� d�45 w!�� �I"�� B;� &,	
���:  
11

13.21

16.82

30.03

+
  

)E(w!�� �I"�� B;� &,	
��� �F�� d�45:  
5.7

3.2

2.5

−  

)� ( �,Fl� 8H��N 1�	 	�
��� EF^� d�45 a,Fl� &,	
� EF^�}  �^5
��"�� 	
�;� �,Fl��� 8H��Z�� . 	
��� EFG 8HD8 � 	
��137  ��1096 .

1U2 .13.7 0.8 10.96× =.  
)	(  2500 (0.4) 500 0.4 0.4 500 0.16 80.00× = × × = × =  ����  
  

)�.:( <�1��  �4&=�[Algebraic Expresions] 

��� � >�? &� /��!;� j�'F�� d
�!<5 ~�D 6�G,F�� ��G��' >�� &' (�� 
�,  
 ��
�<A ��G,� ��H ul5� (�� d
�!<5 "5� �) 6�/c!'� /9C�� 8D : "

��'MC�� 8r<A� &' . {'F�� 8��!<' �;G 3��� 5{'� �U2 .39A� 8��� B;�x  
 {'F�� YGF���y  {'F�� Y!D<A�A ��N &� /��!�� &CY!D<'  ��	�A�

A x y= ×  ��A xy=.  
 ��G,F�� ��V�� 8��� �� 6�/c!' B;� -�!J =�� ��V�� B�<�� �,(�� �

��"�� E<D� �c�V�� : >�4�� ��� b,��!� d�45 �"��' >�? 
"�  !��? 	p�� .
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 -�<, Y��* -��� 8��!<A� �D<' 
� .LM9�N8  -�<, YGF��5  �I"�� B;�
w!��:  

8 5 40A xy= = × =  
 	p2 5	�� �U2� �c�V�� ���?2 5x y+  1�C, '
"�2x = −  �3y =  d�45

1� 
�"� >�4�� b,��!�  

2 5 2 ( 2) 5 3 4 15 11x y+ = × − + × = − + =  
 B�<, � ��U� �c�V�� ]�<�� O�"A� &' 1�C, �,(�� ��V�� �' 8'�!�� 
"�

���y N .�zl!A� 	�
7��
7� .LM9� 13x  �2x− �
7� ���) .1zl!' 1
3xy  �2xy− �
7�� 123x  �22x− ��C��.  

 *�+,)�>( ���!�� �,(�� ��V�� ]<�:  
)� (2 3xy xy+    )E (4 5 2xy xy+ − +  
)� (6 2 2 7x y x y+ − +  )	 (2 26 2 3x x x x+ − −  

-.�  

)�(  2 3 5xy xy xy+ = .  
)E(  4 5 2 ( 5 ) (4 2) 4 6xy xy xy xy xy+ − + = − + + = − +.  
)�(  6 2 2 7 (6 2 ) (2 7 ) 4 9x y x y x x y y x y+ − + = − + + = +.  
)	(  ( )2 2 2 2 26 2 3 6 (2 3 ) 5x x x x x x x x x x+ − − = − + − = −.  ����  

  

)�.; ( ?5���[Exponents] 

 1) �U2n  /��!�N L�+�' LI�IH L�	
�na L4�� 5F)U �) EFG 8HD X�,
a  Y<Z"�n 6�FA� &' ..LM9�N  
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2

3

a a a

a a a a

= ×

= × ×
  

��C��.  
 	
��� B�<,a  	
��� B�<,� S���n  S��)R�4�� �� .( ��<?� EFG 
"�

���!�� 
���4�� d
�!<5 s�? B;� -�!J F,	4':  

m n m na a a +× =  

 

m
m n

n

a
a

a

−=  ~�D0a =/  

  ( )
n

m mna a=  

  0 1a =  ~�D  0a =/  

  
1n

n
a

a

− =  ~�D  0a =/  

 1�C, '
"� �H�� ��7� ",
� 1� eD#1n =  

  
1 1

a
a

− =  ~�D  0a =/  

 *�+,)��( �;, K LM) ]<�:  

)� (3 53 3×    )E (5x x×    )� (5 33 3÷    )	 (( )
3

2 2x x×  

-.�  

)�(  3 5 3 5 83 3 3 3+× = = .  
)E(  5 5 1 6x x x x+× = = .  
)�(  5 3 5 3 23 3 3 3−÷ = = .  

)	(  ( )
3

2 2 6 2 6 2 8x x x x x x+× = × = = .  ����  
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 *�+,)��( �;, K LM) ]<�:  

)� (
2

3

2

x

y

     
    )E (( )

2
2 3

3

3x y

y
  

-.�  

)� (  
2

3 3 2 6

2 22 (2 ) 4

x x x

y y y

×   = =   
 .  

)E(  ( )
2

2 3 4 6
4 3

3 3

3 9
9

x y x y
x y

y y
= = .  ����  

  

)�.�> ( ��	��8���% ��������� �%@=�[Square and Cubic Roots]  

 1� >;�523 3 3× = ��� �F4"3 ���F� " 1� �)23 9= . 12 3�45 ��7� ��� :
 	
�;� ����F!�� ����9  ��3 O!C5�9 3=.  

	
��� ���F!� ��<C��� ��;���� �� 	
�� ����F!�� ���� 	p2 1WN ����.  
 1) �U20a ≥ N "5W 	p2 ���!<5a . 1) �U2 '20a <  ��+ 
+�, MN

 	
�;� �4�4D ����F�a . 1� L^,� eD#0a ≥.  
 	�
��� ����F!�� ���� 	p2 ��;�� 121 .4 .9 .16 .25 .36  �; � ��;��

 89' 	
�� ����F!�� ���� 	p2 &C��6 /<��� F'�� f�� . .�4�47� : 	
���6 
	�
�� B�<� 	�
�� B;� 39' ��L� =�� 	�
��� �� 	�
��� ���� �,F<) /0  

 # R��V�� B;�  !�!) &C�a

b
  ~�Da  �b  .1I�IH 1�	
�0b =/.  

 *�+,)��(  �4, ~�� a��!!' aI�IH &,	
� 
+29� "��.  
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-.�  

 1� eD#25 5=  �36 6= 1��25 29 36< <.  
 .1U225 29 36< < . 1� -�5 29 6< <.  

 1WN ����29  &,	
��� a� �4,5  �6.  ����  
 
���4�� d
�!<5 �����F� ���+ B;� -�!J =�� �,(�� ��V�� ]�<�� 
"�

���!��:  

  ( )
2

x x x x= =   O+�' ��IH 	
� 8C�x.  

  xy x y=   ~�Dx  �y 1�+�'.  

  
x x

y y
=   ~�Dx  �y 1�+�'.  

 *�+,)�/( �;, K LM) ]<�:  

)� (39

13
    )E (( )

2
3 7    )� (80    )	 (112  

-.�  

)�(  39 39
3

1313
= = .  

)E(  ( )
2

3 7 3 7 3 7 9 7 7 97 63= × = × = = .  

)�(  80 16 5 16 5 4 5= × = = .  
)	(  112 16 7 16 7 4 7= × = = .  ����  

 1� eD#32 2 2 2× × = �F4�� "2 O��C�"  1��32 8= . ��� :
 12 3�45 ��7�2  	
�;�  ��C!�� ���� ��8 O!C5�3 8 2=..LM9�N

3 8 2− = −  �3 27 3=��C��.  
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)�.�� (��53A -B��,  

)g(  	
��� v2 EF?�� �� ���!�� 	�
��� &' -�3.9 32

15.7

× �  

)� (3    )E (4    )� (8    )	 (80  
)k(  	
��� v2 EF?�� �� ���!�� 	�
��� &' -�3.96 4.141× �  

)� (12    )E (15    )� (16    )	 (18  
)m(  	
��� v2 EF?�� �� ���!�� 	�
��� &' -�901 0.303÷ �  

)� (2000    )E (3000    )� (4000    )	 (6000  
)n(  	
��� v2 EF?�� �� ���!�� 	�
��� &' -�69.8 0.7÷ �  

)� (70    )E (100    )� (150    )	 (200  

)o( 1 3

3 5
× -�<,:  

)� (3
10
    )E (1

15
    )� (1

5
    )	 (9

5
  

)¡( 2 2
4
3 5
÷ -�<,:  

)� (211
3

    )E (212
3

    )� (113
3

    )	 (114
3

  

)¢( 1 3
2 3
3 4
÷ -�<,:  

)� (22

45
    )E (23

2
    )� (26

45
    )	 (28

45
  

)£( 
2 7

7 2
53

21

+
 -�<,:  
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)� (2
3
    )E (3

2
    )� (7

3
    )	 (10

3
  

)¤(  ��
4A�1 1 1 1
1 1 1 1
2 3 4 5

          − − − −                   
 -�<,:  

)� (1
5
    )E (119

120
    )� (1

1
120

    )	 (120  

)g¥( 4 3 1

5 10 5

 + ×   
 -�<,:  

)� (43

50
    )E (47

50
    )� (1    )	 (11

50
  

)gg(  &,	
��� a� ]���� : �4, -��� 	
���1

9
  �1

10
 ��:  

)� (19

180
    )E (9

80
    )� (1

40
    )	 (1

9
  

)gk(  3��� 8Z��� �P� .3Z*� ����� a� s�;7� &' ���? "�<?1

4
  ���4��

 ¦9�� 8Z��� �P��1

3
  ~�9�� 8Z��� �P�� ���4��1

6
 ���4�� .� ' -��� u{�

8Z��� O�V5 &' 1) F����� �  

)� (1
7
    )E (1

5
    )� (1

4
    )	 (1

3
  

)gm(  ��
4A�
1

6 3
2

3

4

× ×
 -�<,:  

)� (1
6
    )E (1

4
    )� (6    )	 (12  

)gn(  3M�� -	5  �# 
D� 8��2

5
  -��
�� 6,��' 3MP -	"�� ��
��
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-	��<�� . ��� : 3M�� -	5  ;�� -��� ��
��� 	
� 1) �U2
 ��  ��� =�� 6,��A�30 O�M��  ;�� -��� ��
��� 	
� �N LN
� �  

)� (6    )E (10    )� (11    )	 (12  

)go( 9
10
  : d
�!<A� q�?
�� �� {��� t�0� 1j�Y",�C�  �2

9
  �� q�?
�� 1j�

a��F� . '1j� {��� t�0� : a��(�� �  

)� (1
2
    )E (1

3
    )� (1

4
    )	 (1

5
  

)g¡(  	
��� "�!) �U228

11
  R��V�� B;�1

2
1

1
a

b
c

+

+

+

  1WNa b c+ + 

-�<,:  
)� (5  )E (6    )� (7    )	 (8  

)g¢(  ��
4A�30003000 3000× -�<,:  
)� (9000    )E (30003000    )� (30009000    )	 (30013000  

)g£(  ��
4A�2 427 3× -�<,:  
)� (627    )E (827    )� (103    )	 (123  

)g¤(  1) �U22003a = .1254b = .1005c = .3002d = 1WN:  
)� (c b d a< < <    )E (c d b a< < <  
)� (a b d c< < <    )	 (d b c a< < <  

)k¥(  �U21)0.1

0.3
p = .1

0.3
q = .0.3

1
r =  a� &' ��rV�� R����� �N

6������ ���!��:  
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)� (p q>  �q r>    )E (q r>  �r p>  
)� (q p>  �p r>    )	 (r p>  �p q>  

)kg(  	
�;� ����F!�� ����10 14 35× × ��  
)� (50    )E (60    )� (70    )	 (100  

)kk(  	
��� ��!C� �Z;!�A� @F��� 	
�24 �� a���� &,	
� T����)  
)� (0    )E (1    )� (2    )	 (3  

)km( [AJHSME 1985] ��
4A�3 5 7 9 11

9 11 3 5 7

× × ×
×

× × ×
 -�<,:  

)� (1    )E (0    )� (49    )	 (1
49

  

)kn( [AJHSME 1985]  
90 91 92 93 94 95 96 97 98 99+ + + + + + + + + -�<,:  

)� (845    )E (945    )� (1005    )	 (1045  

)ko( [AJHSME 1985] ��
4A�
7

4

10

5 10×
 -�<,  

)� (0.002    )E (0.2    )� (20    )	 (200  
)k¡( [AJHSME 1985]  

 1) �U22a = −  ����$� 	�
�� ()� �N224
3 ,4 , , ,3a a a a

a

   − 
   
 �  

)� (3a−    )E (4a    )�(24
a

  )	 (2a  

)k¢( [AJHSME 1986] E�;4' ()� Y� ���!�� 	�
��� &' -� �  

)� (1
3
    )E (2

5
    )� (1    )	 (5  

)k£( [AJHSME 1986]  ��
4A� ���?(1.8)(40.3 0.07)+ v2 EF?�  
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)� (7    )E (42    )� (74    )	 (84  

)k¤( [AJHSME 1986]  ��
4A� ���?2

2
1
3

−

 ��  

)� (3−    )E (4
3

−    )� (2    )	 (6  

)m¥( [AJHSME 1986]  &,	
��� a� ��+�A� �I�IV�� 	�
��� 	
� '8  �
80 �  
)� (5    )E (6    )� (7    )	 (8  

)mg( [AJHSME 1986]  i5) �U2B  ���F')�5P (EF^�� ��;�� : 

2

7

6396

B

B×  

1WN  ���?B -�<�:  
)� (3    )E (5    )� (6  )	 (8  

)mk( [AJHSME 1986]  1) �U2
2

A B
A B

+
∗ =  1WN(3 5) 8∗ ∗ 

-�<,:  
)� (6    )E (8    )� (10    )	 (12  

)mm( [AJHSME 1986]  1) �U2200 400a≤ ≤  1)�

600 1200b≤ ≤  ��<4�� ��� ���? B;��Nb

a
 ��:  

)� (3    )E (6    )� (30    )	 (300  
)mn( [AJHSME 1987] 
4A�� �0.4 0.02 0.006+ + -�<,:  
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)� (0.012    )E (0.066    )� (0.24    )	 (0.426  

)mo( [AJHSME 1987]  F<C�� ���?2

25
 -�<�:  

)� (0.008    )E (0.08    )� (0.8    )	 (0.25  
)m¡( [AJHSME 1987] ��
4A� 

2(81 83 85 87 89 91 93 95 97 99)+ + + + + + + + + 
-�<,:  

)� (1500  )E (1600    )� (1700    )	 (1800  
)m¢( [AJHSME 1987]  
"�2���� ��;�� u�F+  

1 1 1 1 1 1

2 3 4 5 6 7
+ + + + +  

 t�^A� 1�C,�� ���� ��;�� : Y'
�!<5 -��� d4�;� FcH�� |F!lA�  
)� (120    )E (210    )� (420    )	 (840  

)m£( [AJHSME 1987]  T��$� ���?1 1 1
2 3 5
7 2 19
+ + �4�:  

)� ( a�10 �110
2

    )E ( a�1
10
2

  �11  

)� ( a�11  �111
2

    )	 ( a�1
11
2

  �12.  

)m¤( [AJHSME 1987] ��<C�� a� &' ()�� F<C�� '  

)� (3
7
    )E (17

35
    )� (19

39
    )	 (151

301
  

)n¥( [AJHSME 1987]  ��;���� 1� §FZ"�n∗  E�;4' X��n . .LM9�N
1

5
5

∗ = .���!�� 6������ a� &' ��rV�� 6������ 	
� >) �  
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)g (3 6 9∗ ∗ ∗+ =    )k (6 4 2∗ ∗ ∗− =  
)m (2 6 12∗ ∗ ∗× =    )n (10 2 5∗ ∗ ∗÷ =  
)� (0    )E (1    )� (2    )	 (3  

)ng( [AJHSME 1988]  &� u�	�<�� 6��FA� 	
� : R	,{�� ' .qNFA� dF�� :
u^���� 6��FA� 	
� � 

                              
                              
                              
                              
                              
                              
                              
                              

  
)� (7    )E (8    )� (9  )	 (10  

)nk( [AJHSME 1988]  8HD 	p# ���7� ��h� 	�� d�
�!�� u"��
 EF^��0.075 2.56×  i5) ���� 8H��Z�� �!Z' 3P	2 i�<5
��+��  �� ���7� ��h� ��� B;� 6F � =��19200 . '��+�� 

EF^�� 8H7 �I�IV�� �  
)� (0.0192    )E (0.192    )� (1.92    )	 (19.2  

)nm( [AJHSME 1988] 	
���164:  
)� (42    )E ( &' FcH�10    )� ( a�10  �11    )	 ( a�12  �13  
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)nn( [AJHSME 1988]  1) �U2◊  ��  ~�D a�+�' aI�IH &,	
�
36◊× =�  	
�;� �"CK ���? ()�N◊ +� ��  
)� (12    )E (13    )� (15    )	 (37  

)no( [AJHSME 1989] ��
4A� 

(1 11 21 31 41) (9 19 29 39 49)+ + + + + + + + + -�<,  
)� (150    )E (199    )� (200    )	 (250  

)n¡( [AJHSME 1989] 	�
��� a� &' ()�� 	
��� ' �  
)� (0.99    )E (0.9099    )� (0.9    )	 (0.909  

)n¢( [AJHSME 1989]  ��
4A�15 9 (6 3)− + × ÷ -�<,  
)� (48−    )E (12−    )� (3−    )	 (3  

)n£( [AJHSME 1988]  ]P B;� �"��A� 6'M��� a� 6N<A� 1� §FZ�
 ���? ' .�,�<!' 	�
���y � 

  
)� (3    )E (10    )� (12    )	 (15  

)n¤( [AJHSME 1989]  ��
4A�1 1 1
(2 3 4)

2 3 4

 × × + +   
 -�<,  
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)o¥( [AJHSME 1989]  ��
4A� ���?
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)og( [AJHSME 1990]  � "' 8) O��F' 	
� &,	
�� T��� FcH� '3 
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)o¡( [AJHSME 1991] 1) �U2  
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 1�C, '
"�b  ��
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 � ()�� 	
���a FcH�� 	
��� �� . .1U21200b =  �200a =.  

1�C,�1200
6

200

b

a
= =.  

)mn( ��+��  ��)	 :( -�<, T��$� 1� 
� F��A� ����0.426 .��  
4 2 6

0.4 0.02 0.006
10 100 1000
400 20 6 426

0.426
1000 1000

+ + = + +

+ +
= = =

  

)mo( ��+��  ��)E :(1� eD#  
2 8

0.08
25 100

= =.  

)m¡( ��+��  ��)	 :(-�<, ��
4A� 1� eD#  
2 (81 99) (83 97) (85 95) (87 93) (89 91)

2(180 180 180 180 180)

10 180 1800

 + + + + + + + + + 
= + + + +

= × =

  

)m¢( ��+��  ��)� :( 	�
��� FcH�� |F!lA� t�^A�2 .3 .4 .5 .6 .
7 ��22 3 5 7 420× × × =.  

)m£( ��+��  ��)E :( 1� L#�� eD#1 1

7 4
<  �1 1

19 4
<..1U2  

1 1 1 1 1 1
2 3 5 2 3 5 11
7 2 19 4 2 4
+ + < + + =  

1� �G���� &'�  
1 1 1 1 1
2 3 5 2 3 5 10
7 2 19 2 2
+ + > + + =  

 a� �4, T��$� .1U21
10
2

  �11.  

o b e i k a n d l . c o m
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)m¤( ��+��  ��)	 :( &' 8�;4� FcH� v��� ������ ��<C�� 1� eD#1

2
  &C��

 /P�� F<C��)[� ( &' 8�;4� ()�1

2
.  

)n¥( ��+��  ��)� :(1� sF5 F��A� E<7�  
1 1 1

3 6 9
3 6 2
1 1 1

6 4 2
6 4 12
1 1 1

2 6 12
2 6 12
1 1 1

10 2 5
10 2 5

∗ ∗ ∗

∗ ∗ ∗

∗ ∗ ∗

∗ ∗ ∗

+ = + = ≠

− = − = − ≠

× = × = =

÷ = ÷ = =

  

 1������ .1U2)m ( �)n (1!�rH.  
)ng( ��+��  ��)E :( 
,{, u�	�<�� 6��FA� 	
�1 tH 8) :  tV�� &�

Y"' B;���-�<, �	
�N ���� .1 2 3 8+ + + +� .  
 
,{, u^���� 6��FA� 	
��1 tH 8) : Y"' B;��� tV�� &�  L�u�
!��

-�<, �	
�N ���� .¦9�� tV�� &'  
1 2 3 7+ + + +�.  

�� R	,{�� 1�C� ��z�  
(1 2 3 8) (1 2 3 7) 8+ + + + − + + + + =� �.  

)nk( ��+��  ��)E :( �� �<��� v2  C,FJ �!x =�� �,Fl��� 8H��Z�� 	
�
3 2 5+ = . .1U2��+��  �� �I�IV��0.192.  

)nm( ��+��  ��)	 :( 1� eD#144 164 169< < . 1WN ����
144 164 169< < . 1� -�12 164 13< <.  

o b e i k a n d l . c o m
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)nn( ��+��  ��)	 :( 8�;I!�36  >�4�� 1� 
� &,	
� EFG 8HD v2
 �"C�A���36 1 36 2 18 3 12 4 9 6 6= × = × = × = × = × .  

�� �"C�A� ��'$N ��z�:  
1 36 , 2 18 , 3 12 , 4 9 , 6 6+ + + + +  

 �� ��'$� ��� ()��1 36 37+ =.  
)no( ��+��  ��)	 :(�I"�� B;� ��
4A� ��!) &C�  

(1 49) (11 39) (21 29) (31 19) (41 9)

50 50 50 50 50 250

+ + + + + + + + +

= + + + + =
  

)n¡( ��+��  ��)� :(",
�  
0.99 0.9099 0.909 0.9009 0.9> > > >.  

)n¢( ��+��  ��)	:(  
15 9 (6 3) 15 9 2 15 18 3− + × ÷ = − + × = − + =.  

)n£( ��+��  ��)� :( "'
�!��5  	
��� &' 34!5M� �,�<!' 6���P0  v2

 	
���20 . �� 6N<A� ��� &' 8) ���? .1U220
4

5
= . 1�C, ��z�

3 4 12y = × =.  
)n¤( ��+��  ��)	:(  

1 1 1 12 8 6
(2 3 4) (2 3 4)

2 3 4 2 3 4
12 8 6 26

  + +× × + + = × × ×  × × 
= + + =

  

��  
1 1 1

(2 3 4) 3 4 2 4 2 3 26
2 3 4

 × × + + = × + × + × =  
 .  

)o¥( ��+��  ��)	:(  

o b e i k a n d l . c o m



@ @†a‡Èÿa@ @TW@ @

  

1
1

2 1 2 2 43
1 3 2 3 1 3

1
2

−
= ÷ = × =

−

.  

)og( ��+��  ��)� :( _ &,	
��� 1� §FZ"�abc  �def .�r
"�  
100( ) 10( ) ( )abc def a d b e c f+ = + + + + +.  

 1�C, 1� O��N &C� ' FcH� T��$� ��� 1�C, �C��4a =.5d =

 .6b =.7e =.8c =  �9f = .1U2  
100(9) 10(13) 17 1047abc def+ = + + =.  

)ok( ��+��  ��)	 :( ���F' B;� F�`� =�� ���FA� 1WN ��IH 	
� ���F� 
"�
	
��� 	DQ ���F' �� ��FA� 	DQ .�� ���F!�� &' 	�
�1  v29  1� 
�

21 1= .22 4= .23 9= .24 16= .25 25= .26 36= .
27 49= .28 64= .29 81= .N ��z���+�  ��)	.(  

)om( ��+��  ��)	 :( 6����� 1� eD#)� ( .)E ( .)	 ( L�/�) L�/�c� ¨
J #
 	
�;�13579 . '�)� ( 	
��� &' /9C� FcH� � N13579  	
����)	 (

 	
��� &' /9C� ()�13579.  
)on( ��+��  ��)� : (M� EF^� �!x EFG 8HD ()� B;� 8Vx �C� ��

a��� &,	
�� O+�' 	
� �� ��+�' 	�
�� . 	�
�� ��M� 
+�, # Y5� ��
a��� &,	
�� O+�' 	
� v2 �!I"N ��+�' .� 	�
�� ��M� �!® ���

 ��� R/�) �� �4;�A� ���4��2− .3− .5 .�� EF^�� 8HD 1�C,�  

(5)( 3)( 2) 30− − =  
)oo( ��+��  ��)E :( ���!!A� 1� 
� ���!!�;� �5�CA� 	�
��� ��!) 3�)W�

o b e i k a n d l . c o m
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��:  

1024 .64 .16 .4 .4 .1 .4 .1
4

  

 �� 	�
��� ��� 3�� 1�C,�1

4
.  

)o¡( ��+��  ��)	:(  
991 993 995 997 999

(1000 9) (1000 7) (1000 5) (1000 3) (1000 1)

5000 (9 7 5 3 1)

5000 25

+ + + +

= − + − + − + − + −

= − + + + +

= −

  

.1U2  
5000 25 5000

25

N

N

− = −

=
  

)o¢( ��+��  ��)	 :( _ &,	
��� 1� §FZ"�a  �b . ��P 1�C, �C�
�1�C, 1� 'WN &C� ' ()� ��<4�  1�	
���, 0a b >  ��, 0a b < .

 1� 
� ����$� FH"� O,F�!�24a = −  �2b = −  ��<4�� ��P�
��  

24
12

2

a

b

−
= =

−
.  

)o£( ��+��  ��)E :( # =�� ��+�A� �I�IV�� 	�
��� 	
� 1� L#�� eD#
 O+�A� ��IV�� 	
��� &� 
,{�n ��IV�� 	
��� B;� ��<4�� 8�4��

 O+�A�k -�<,n

k

 
 
  

  ~�Dx    &� 
,{, # ��IH 	
� ()� X�,x

. B;� ��<4�� 8�4� =�� 	�
��� 	
�3  -�<,46
15

3

 
  =
  

  	�
��� 	
��
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 B;� ��<4�� 8�4� =��5 -�<,46
9

5

 
  =
  

 .�� 	
� .1U2 8�4� =�� 	�
�

 B;� ��<4��3  ��5  -�<,15 9 24+ = . "�<D 
? 1�C5 ""C��
 6Z�^'(3,5) 15LCM = a�F' . 8�4� =�� 	�
��� 	
� 1� 
� ���

 B;� ��<4��15  ��46
3

15

 
  =
  

 .�� E�;�A� 	
��� .1U224 3 21− =.  

eD#  	
��� 1�46 L��<5 /cH ���� &' q4I!�� &C���+��  ��� 	pW�
��� >���4��:  

1,3,5,6,9,10,12,15,18,20,21,

24,25,27, 30,33,35,36,39,42,45
  

 -�<, �	
��21.  
)o¤( ��+��  ��)� :(-�<, 	
��� 1� eD#  

( ) ( )
57 3

2 3 14 9 95 2 5 2 5 10× = × = ×  

 -�<, �ZH�� 	
�N ����9  1�55 Y!,�
� : �ZH� B;� -�!� #.  
)¡¥( ��+��  ��)� :(1� eD#  

100 10

10

ABC A B C

AB A B

A A

= + +

= +

=

  

.1U2  

111 11ABC AB A A B C+ + = + +  
111 11 300A B C+ + =  
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 1� �G���� &'3A < . 1� ��, 9B C ≤ 1WN
11 99 9 108B C+ ≤ + = . 1WN ��z�111 192A > . 1� -�

2A ≥.  
 .1U22A =  1�C,�11 78B C+ = . 1� �G���� &' 1�C, ��U &'�
7B =  �1C =.  

)¡g( ��+��  ��)	 :( 	�
��� &' 8))� ( .)E ( .)� ( -�<,
1 5

1.25 1
4 4

= = .	
��� &C��1 5
1 1.2
5 4
= =/.  

)¡k( ��+��  ��)	 :( 1�C, �C�a b−  1�C, 1� Op &C� ' ()�a  ()�
 � &C� 'b &C� ' FcH� . .1U212a =  �16b = − .1�C,�  

12 ( 16) 28a b− = − − =.  
)¡m( ��+��  ��)	 :(-�<, T��$�  

(1 3 4) (2 5 6) 0 1 1+ − + + − = + =.  
)¡n( ��+��  ��)E:(  

39 3 13

51 3 17

77 7 11

91 7 13

= ×

= ×

= ×

= ×

  

 .1U217  	
�;� >�? ��� ������ 	�
��� ()� ��51.  
)¡o( ��+��  ��)	:( 

(2 4) (1 3) 3 3 4∗ ∗ ∗ = ∗ =.  
)¡¡( ��+��  ��)	:(  

5 4 6 3 1 18 19− + × = + =  
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)¡¢( ��+��  ��)� :( 	�
��� �G�� R
�D��� �4,F���1,2,3  ~�� 6��FA� :
�� E�;�A� q4J 

2  3  1  

1  2  3  

3  1  2  

1WN ����1 3 4A B+ = + =.  
)¡£( ��+��  ��)� :(1� eD#  

1 6 1 7
2
3 3 3 3
1 3

1 7
2
3
3 10

1
7 7
1 7

10 10

7

+ = + =

=

+

+ =

=

  

)¡¤( ��+��  ��)	 :( 	
��� 6�Fl�� 	DQ9310 93−  ��7  �0  �?��
 Y���F')�	
��91 ( ��9 . -�<, Y���F' T��� .1U2  

9 91 0 7 826× + + =  
)¢¥( ��+��  ��)	 :(-�<, T��$�  

1 2 3 4 5 6 7 8 9 55 100
10

10 10

+ + + + + + + + +
= =  
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)¢g( ��+��  ��)� :( �zFG 8HD 	DQ ���F�N aI�IH &,	
� EFG 
"�
� "' 8) 	DQ ���F' B;� 
�!�� . 1� �ZC, ���� EFG 8HD 
+�5

EF^�� 8HD 	DQ ���F' 
�"� ���!�� 	�
���:  
1 2 3 4 5 6 720

2 3 4 5 6 7 5040

× × × × × =

× × × × × =
  
3 4 5 6 7 8 20160

4 5 6 7 8 9 60480

× × × × × =

× × × × × =
  

 -�<� 1� Op 	Dh� ���F' 1� 
� ��U &'0.  
)¢k( ��+��  ��)�:(  

 	
��� >���?36  ��1,2,3, 4,6,9,12,18, 36.  >�?�N  8�y =��
2N +  	
�;� L\?36 ��1,2, 4,7,10,16,34N =�	
��  

 -�<,7  

)¢m( ��+��  ��)� :( 1�C, �C�W Y

X Z
+ FcH�1�C, 1� O��N &C� ' 

 1�	
���X  �Z ,/�) � &Y  �W ,/cH& . 1����� ",
� ����
1��!��:  

1 2 26 13

9 8 72 36

W Y

X Z
+ = + = =  

�  
2 1 17

9 8 72

W Y

X Z
+ = + =  

q�<�� T��$� &' FcH� ���� .1U2.  �� ��IV�� ����)�.(  
)¢n( ��+��  ��)	 :(��N &C� ' ()� T��� B;� 8Vx �C� 1� O 1�C,

9X =  �8Y =  ��8X =  �9Y = . 1) �U29X =  �

o b e i k a n d l . c o m



@ @†a‡Èÿa@ @US@ @

  

8Y =  T��$� B;� 8VI"N1097 O��F' ���� &' 1�C' 	
� ��� .
 .1U28X =  �9Y =. �� T��$� 1�C,�994  8Cl�� B;� ���
YYZ.  

)¢o( ��+��  ��)	 :(�� 
©� �' ' T���1 5 10 20 36+ + + =  3,�.  

 ��<"�� .1U2�� Y��;�A� �,��A�36
100 72%

50
× =.  

)¢¡( ��+��  ��)	 :( �� 	
��� 1� §FZ5x ..1U2  
3 3 3 5 5

4 5 4 3 4
x x x× ÷ = × × = ×.  

)¢¢( ��+��  ��)E :( 	
�;� -Fl��� 8�9�!��4

37
 ��  

4
0.108108108

37
= �  

���	� -��	 	
��� .1U2 -�<� Y3 .1U2.  �,Fl��� �;HZ�� 
�� �r' ���FA�
 R��
�� �,�
� 1�C� 1� Op) -�1.(  

)¢£( ��+��  ��)� :(eD# 1�  

6545 5 7 11 17 (5 17) (7 11) 85 77= × × × = × × × = ×  
�� 1�	
��� T��� .1U285 77 162+ = .  

)¢¤( ��+��  ��)E :( 	
��� >���?36 ��  

1,2,3, 4,6,9,12,18, 36  
��  "�� &' ������ 6Z�^'4,12,36 �	
��3.  

)£¥( ��+��  ��)� :( ����$� 	�
�� 1�� &C� ' FcH� ���!5 v2 B�<5 "5� �
 &' ()� �I�IH 	�
�� ��1  ��� ����$� : 	�
�� ��M� FcH� �!�"N

o b e i k a n d l . c o m
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3 .5 .7 )!P� 1�� 	�
�� � EFG 8HD� T��� v2 -	`, R/�)
()� .(�� a!�;��;� �"C�A� 6�����:  

(3 5) 7 8 7 56

(3 7) 5 10 5 50

(7 5) 3 12 3 36

+ × = × =

+ × = × =

+ × = × =

  

 �� 	�
��� ��� FcH��36 .1U2.��+��  ��)�.(  
)£g( ��+��  ��)E :( 1� �10AB =  �4BC =  ~;9A� �",�!' &' 
�"N

1�  

10 4 10 4AC− ≤ ≤ +  
6 14AC≤ ≤  

 ���4;� sFcV�� ���4�� .1U2AC  ��6AC =  ~;9A� �",�!' q���!��
 B;�ACD� 1� 
�6 3 6 3AD− ≤ ≤ + .  
C�� a� �N<�;� ���;�A� sFcV�� ���4�� 1�A  �D  ��3AD =.  

)£k( ��+��  ��)E :( -�!� 1� Op 	����� 1� ��DM� ���<A� ��� 8D &C�
 	�
��� B;�6 .8 .9  	�
��� B;� -�!� 1� Op tV�� 1��1.2.3 .

6 w!�� �I"�� B;�  
      9  

1  2  3  6  

      8  

�� 	�
��� T��� 1U21 2 3 6 8 9 29+ + + + + =.  
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)£m( ��+��  ��)	 :( �C�(!®  	
��� B;� 	
� ��<?5  	DQ ���F' v2 F�"5
 ���FA� ��� i5) �UWN .	
���0  ��5  �� �?��N0 ���FA� i5) �U2� .1 

 ��6  �� �?��N1 ��C�� .	
��� 	DQ ���F' �NF�' >!,�  

1492 1776 1812 1996× × ×  
EFG 8HD : 	�
��� &' 8C� 	Dh� O��F' EF^� .-�  

2 6 2 6 144× × × =  
 	
��� 	DQ ���F' �� E�;�A� 	
��� 	DQ ���F�N ����144  ���4 . 1U2

 	
��� B;� 	
��� ��<? �?�5  ��4  1�C����+��  ��)	.(  
)£n( ��+��  ��)�:(  

 	
��� F ��� v��� RFA� 
��1 1

1 5 4
= −

−
  

 	
��� F ��� ��59�� RFA� 
��1 4

1 5
1

4

=
−

−

  

 	
��� F ��� �9�9�� RFA� 
��1
5

4
1
5

=

−

  

 	
��� B;� 8Vx .1U25  
�� } &'� ���!!' 6�cG ¨M� 
��
99 3 33= ×  	
��� F ��� ��cG5  	
��� F ��� �rA� ��c^�� 
���

1

4
−.  

)£o( ��+��  ��)� :( 
,{, # 1� Op 	�
��� ��� O��F' 	
� 1� L#�� eD#
 &�4  &' 1�C' 	
� FcH� 1�5  q4� O��F'

2 2 2 2 21 2 3 4 5 55+ + + + = 3��� �Fl�� b?", ����.  
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A� 
D� 1�C� 1� &C� # &' ()� O��F7  1�28 64= . 1� §FZ"�
wxyz  &' 1�C' 	
��a*Fl�� q4� O��F' ��� ..�r
"�  

2 2 2 2 50w x y z+ + + =~�D0 8w x y z< < < < <.  
7z =  8?�� B;� q4J 1� Op ��M9�� O��FA� 1� 8�I!<'

2 2 21 2 3 14+ + = v2 -	`, K  
2 2 2 21 2 3 7 63 50+ + + = >  

6z =  1�C, 1� v2 -	`,2 2 2 14w x y+ + =  '
"� q4I!, ����
 1�C,1w =  .2x =  .3y =  	
��� B;� 8Vx�1236.  
5z =  v2 -	`,2 2 2 25w x y+ + = 1) �U2 .4y =  1WN
3x =  �0w =.  
4z =  	
��� v2 -	`,1234.  

 �� ()�� 	
��� .1U21236 �� Y���F' EFG 8HD�  

1 2 3 6 36× × × =  
)£¡( ��+��  ��)	 :(
I!� EF^�� 8HD 	DQ ���F' 1� eD#	  O��F' &'

���F^A� 	�
��� 	DQ .EF^�� 8HD 	DQ ���F' �NF�A �!x ����  
  (2 4 6 8) (2 4 6 8)

(2 4 6 8) (2 4 6 8)

× × × × × × × ×

× × × × × × × ×�

  )6�F' Fl�(  

�� 	
��� .1U2  

( ) ( )
10 10

2 4 6 8 384× × × =  
 	DQ �NF�A ]4N �!x sFP� RF'�104 .1h�  
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@ @†a‡Èÿa@ @UW@ @

  

1

2

4

8

4 4

4 16

4 256

4 65536

=

=

=

=

  

.1U2    10 8 24 4 4 65536 16= × = ×  
 	DQ ���F' �� �	DQ ���F' 1�C��6 6 36× =  ���FA� ���6.  

)£¢( ��+��  ��)E :(1� 
� F��A� E<7�  
6 6

7x
=  .6 6 3

1 8 4x
= =

+
  .6 6

1
1 6x
= =

−
  .7

6 6

x
=.  

 &' 8)a�/P�� a!��4��  &' ()�1 . ���� a!��4�� s
DWN6

7
  ��3

4
  ��

sFcV�� . &C��3 21

4 28
=  �6 24

7 28
= . .1U2��+��  ��)E.(  

)££( ��+��  ��)	 :(1� 
� F��A� E<7� 

3 4
3 2 1 4 6 4 2

1 2
= × − × = − = .  

)£¤( ��+��  ��)E :( 3�� ��!C�10 �� 	�
��� 1� 
� �;HZ�� 
�� 	�
��  
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